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Distributed Dynamic Coordination Control for
Offshore Platform Transportation Under Ocean

Environmental Disturbances
Zhe Du , Rudy R. Negenborn , and Vasso Reppa , Member, IEEE

Abstract— Transportation of a large offshore platform from
inland waters to the open sea is a hazardous and challenging
mission. With the development of the autonomous surface ves-
sel (ASV), the problem of large floating object transportation has
a chance to be solved by applying multiple physical-connected
autonomous tugboats. This article proposes a distributed dynamic
coordination control scheme for a multivessel autonomous towing
system to transport an offshore platform under environmental
disturbances. Where the dynamic coordination decision mech-
anism is based on the relative position of the two neighbor
waypoints, the controllers are designed based on the multilayer
model-predictive control (MPC) strategy with several specific
cost functions, and the distributed control architecture is built
based on the alternating direction method of multipliers (ADMM)
with augmented Lagrangian function. The simulation experiment
indicates that the proposed control scheme can achieve better
consensus for the distributed control architecture accomplish-
ment and more efficiently transport an offshore platform under
environmental disturbances.

Index Terms— Distributed model-predictive control (MPC),
dynamic coordination control, environmental disturbances, mul-
tivessel system, offshore platform transportation.

I. INTRODUCTION

THE requirement for ocean resources such as renewable
energy (wind power, tidal and wave energy) [1], fishery

and aquaculture industry [2], and seabed minerals [3] motivate
the establishment of offshore platforms and the development
of maritime transport services [4]. However, manipulating a
large offshore platform from inland waters to the open sea is
a hazardous and challenging mission. Such a problem is called
large floating object transportation.

In recent decades, the rapid development of the autonomous
surface vessels (ASVs) has extended its application from
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the case of single vessel simple tasks to multivessel system
comprehensive missions [5], which enables the ASV to involve
more complex and dangerous maritime operations. Hence,
the problem of large floating object transportation can be
solved by applying multiple physical-connected autonomous
tugboats.

Solutions for large floating object transportation by ASVs
can be classified into two categories according to the type
of connection: attaching and towing, as seen in Table I. The
first category is based on the technology of cooperative object
transport by multirobot systems (MRSs). The strategies in
the MRS object transport research consist of pushing-only,
grasping, and caging manipulations. Considering the dynamic
environments of the water surface, the idea of grasping strategy
is used in the maritime field to make sure the connection
is tight and stable between the manipulated object and the
vessels. Thus, the attached manipulation means that each ASV
attaches to the surface of the large floating object tightly.

To keep the balance for the floating object on the horizon-
tal plane, the number of ASV is usually even. In research
work [6], six ASVs attach to a distressed ship, the decen-
tralized control strategy is based on optimal and feedback
control combining Lyapunov theory. Bidikli et al. [7] also take
advantage of six ASVs for ship dynamic positioning, where the
decentralized robust controller is designed based on the feed-
back control law and the Lyapunov theory. Bui et al. [8] use
the redistributed pseudo-inverse algorithm, which is based on
the optimization method, and the Lyapunov theory to achieve
a task of ship berthing by four ASVs. Lee et al. [9] combine
sliding mode control and genetic optimization algorithm for
four attached tugboats to convey a large surface vessel in the
shipyard. Besides the even number of ASVs, Chen et al. [10]
use three ASVs to cooperatively transport a floating object,
where two ASVs are symmetrically located on the two sides
and one ASV attaches at the stern of the object. Since this
research focuses on the water transportation level (macro
level), all the models used are linearized. Rosario et al. [11]
design a sliding mode controller for a boat to push a floating
load in which the contact point is free of slipping.

The attached manipulation is limited to applying in port
areas with fewer environmental disturbances. When the distur-
bances have significant effects, the towed-based manipulation,
which is closer to the common practice in maritime, is more
investigated. The towing manipulation implies that each
ASV is connected to the floating object by a towing line.
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TABLE I
CLASSIFICATION OF LARGE FLOATING OBJECT TRANSPORTATION BY MULTIPLE ASVS

Compared with the attached manipulation, this operation gives
more freedom to the ASVs and reserves a safe distance
between the ASVs and the manipulated floating object [12].
Thus, it is more preferred in the harsh and complex water
environment.

In [13], a PID-based two-layer control strategy is proposed
for a two-ship ensemble towing system that first maintain-
ing a prescribed heading angle and surge speed, and then
tracking the set targets. Zheng et al. [14] focus on the course
keeping of a drilling platform towing system by design-
ing a reinforcement learning-based linear active disturbance
rejection control method. Tao et al. [15] combine the PID
and linear active disturbance rejection control method for
path following of a towing system of a cylindrical drilling
platform. In [16], an extended backstepping control method
is proposed to cooperate with two ASVs to manipulate a
large buoyant load along a desired trajectory. Du et al. [17]
propose a distributed model-predictive control (MPC)-based
scheme for a towing system to manipulate a ship for desired
position and heading, meanwhile following the recommended
speed profiles. Du et al. [18] propose an optimization-based
multiagent control algorithm for two autonomous tugboats
to cooperatively manipulate a ship in port areas under envi-
ronmental disturbances. Ianagui and Tannuri [19] propose a
control method by introducing a virtual consensus leader to
coordinate the motions of the four-ASV floating load system
for set-point control. In [20], a robust cooperative trajectory
tracking control is devised for a four-tugboat towing system
based on the dynamic surface control technique.

On the one hand, floating object transportation systems
are characterized by multiple control inputs and multiple
control constraints. As can be noticed from Table I, the
optimization-based control strategy, like the optimal control
and the MPC, is preferred to address the floating object
transportation problem. On the other hand, since the maneu-
verability of the floating object transportation system is often
quite limited, in some scenarios like the system requiring
large steering, the long response time of the control order
will reduce the safety of the towing system. Thus, a predic-
tive optimization-based control strategy (e.g., MPC) is more
suitable for tackling this kind of problem.

From the viewpoint of control architecture, the control
of multiple ASVs usually employs a distributed architec-
ture, because it has better scalability and failures-tolerance
when applied with multiagent systems [21]. As for distur-
bances, researchers studying the attaching systems tends to use
bounded external forces for the environmental effects on the
system; but for the towing systems, to represent the practical
scenarios, the winds, waves, and currents disturbance model
are often built.

The role of each ASV in a floating object transportation
system is related to the type of connection. For the attaching
system, every ASV performs propelling role to provide push-
ing force to the floating object [as shown in Fig. 1(a)]. For
the towing system, the roles are determined by the number
and the configuration of ASVs. In the case of one ASV, its
role is usually a guiding tugboat [13], [14], [15] [as shown
in Fig. 1(b), tugboat I]. For the case of two ASVs, if both
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Fig. 1. Different cases of vessel role: the black box stands for the floating
object, the blue one is the ASV (tugboat). (a) All tugboats play propelling
role. (b) Tugboat I plays the guiding role and Tugboat II plays the following
role. (c) All tugboats play the guiding role.

ASVs are in front of the object, they are regarded as guiding
tugboats [16]; if the floating object is located between the
two ASVs, the front ASV is the guiding tugboat, the rear ASV
is the following tugboat [17], [18] [as shown in Fig. 1(b),
tugboat I and II]. For the case of more than two ASVs, the
role of every ASV is usually a guiding tugboat in different
directions [19], [20] [as shown in Fig. 1(c)]. The object with
more than two ASVs towing systems would often have better
maneuverability. However, in this configuration [see Fig. 1(c)],
the direction of at least two ASVs is in opposite direction
to the goal in the process of towing. This could change the
hydrodynamic parameters of these ASVs, as the hydrodynamic
parameters of the vessel’s model are calculated based on the
motion of heading forward (except for the case of tugboats
with Voith Schneider Propellers). Thus, this case of towing
could result in model uncertainty problems.

Overall, compared with the attached manipulation (espe-
cially [10]), the towed-based manipulation provides better
safety for the multiple ASVs and the floating object, which
is more suitable considering the influence of environmental
disturbances (which are not considered in [10]). To increase
the efficiency of the towing process and improve the flexibility
of each ASV while not changing its dynamics characters, it is
important to develop a dynamic coordination control scheme
to cope with different scenarios. In previous work, the authors
have investigated the dynamic coordination control of multiple
autonomous tugboats with flexible roles for offshore platform
transportation [22]. However, in that work, the control archi-
tecture is centralized and the environmental disturbances are
not considered. Therefore, the goal and the main contribution
of this work is to propose a distributed dynamic coordination
control scheme for a multi-ASV towing system to efficiently
transport an offshore platform under ocean environmental
disturbances.

The remainder of this article is organized as follows.
Section II formulates the main problem, kinematics, and kinet-
ics model of the towing system. The design of the proposed
control scheme and the definition of a set of key performance
indicators are given in Section III. In Section IV, simulation
experiments are carried out for representative situations to
illustrate the potential of the proposed scheme. Conclusions
and future research directions are given in Section V.

II. PROBLEM STATEMENT

The objective of this work is to efficiently transport an
offshore platform using four autonomous tugboats under ocean

Fig. 2. Force diagram of the offshore platform.

environmental disturbances. The motion of the platform and
tugboats is formulated by the three-degree of freedom (DoF)
hydrodynamic model [23], where the kinematics and kinetics
formulations are expressed as

η̇∗(t) = R(ψ∗(t))ν∗(t) (1)

M∗ν̇∗(t)+ C∗(ν∗(t))ν∗(t)+ D∗ν∗(t)

= τ ∗(t)+ τ ∗wind(t)+ τ ∗wave(t) (2)

where ∗ stands for O (offshore platform) or I (tugboat,
I ∈ {A,B,C,D}); η∗(t) = [x∗(t) y∗(t) ψ∗(t)]T

∈ R3 is the
position vector in the world frame (North-East-Down) includ-
ing position coordinates [x∗(t), y∗(t)] and heading ψ∗(t);
ν∗(t) = [u∗(t) v∗(t) r∗(t)]T

∈ R3 is the velocity vector in
the body-fixed frame containing the velocity of surge u∗(t),
sway v∗(t), and yaw r∗(t); R ∈ R3×3 is the rotation matrix
from the body frame to the world frame, which is a function
of heading; M∗ ∈ R3×3, C∗ ∈ R3×3, and D∗ ∈ R3×3 are
the mass (inertia), Coriolis-Centripetal, and damping matrices,
respectively; τ ∗(t) = [τ∗u(t) τ∗v(t) τ∗r (t)]T

∈ R3 is the
controllable input referring to the forces τ∗u(t), τ∗v(t), and
moment τ∗r (t) in the body-fixed frame; τ ∗wind(t) ∈ R3 and
τ ∗wave(t) ∈ R3 are the wind and wave forces.

A. Dynamics of the Offshore Platform

Fig. 2 shows the force diagram of the offshore platform. The
controllable inputs denoted by τ O(t) are the forces from the
towing lines applied by the four tugs. These tugs are defined
with two roles: Role A and B are guiding tugs, whose role is
to accelerate the platform and adjust its heading; Role C and
D are following tugs, whose role is to slow down the platform
and stabilize its heading. Then, τ O(t) are expressed as

τ O(t) = BOA(αA(t))FA(t)+ BOB(αB(t))FB(t)

+ BOC(αC(t))FC(t)+ BOD(αD(t))FD(t) (3)

where FA(t) ∼ FD(t) are the towing forces, and αA(t) ∼ αD(t)
are the towing angles. The range of towing angle is defined
clockwise from 0◦ to 90◦ (the gray areas in Fig. 2), which is to
prevent collisions between tugs. The terms BOA ∼ BOD ∈ R3
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Fig. 3. Force diagram of the tugs. (a) Role A and B. (b) Role C and D.

are the platform configuration matrix, expressed as

BOA =

 sin(αA(t))
− cos(αA(t))

0.5L sin(αA(t))− 0.5W cos(αA(t))

 (4)

BOB =

 cos(αB(t))
sin(αB(t))

0.5W sin(αB(t))− 0.5L cos(αB(t))

 (5)

BOC =

 − sin(αC(t))
cos(αC(t))

0.5L sin(αC(t))− 0.5W cos(αC(t))

 (6)

BOD =

 − cos(αD(t))
− sin(αD(t))

0.5W sin(αD(t))− 0.5L cos(αD(t))

 (7)

where L and W are the length and width of the platform.

B. Dynamics of the Tugboats

Fig. 3 shows the force diagram of the tugs. The control-
lable inputs denoted by τ I (t) are the resultant forces by the
thruster forces (omnidirectional forces generated by azimuth
thrusters [12]) and the towline reaction forces.

For the guiding tugs (A and B), the effects from the towline
are the drag forces [as seen in Fig. 3(a)], the controllable inputs
are expressed as

τ I (t) = τ TI (t)− BT (βI (t))F ′

I (t), (I = A,B) (8)

for the following tugs (C and D), the effects from the towline
are the propulsive forces [as seen in Fig. 3(b)], the controllable
inputs are expressed as:

τ I (t) = τ TI (t)+ BT (βI (t))F ′

I (t), (I = C,D) (9)

where τ TI (t) = [τTI u (t) τTIv (t) τTI u (t)]
T

∈ R3 is the thruster
forces of the tug I ; F ′

I (t) is the force applied through a
controlled winch onboard the tugboat to the towing line.
Assuming no force loss on the towing line, then F ′

I (t) ≡ FI (t).
The winch onboard can control the length of the towline
to ensure it is tight. Since the scope of this work focuses
on the high-level control, the low-level winch control is not
considered. The term BT ∈ R3 is the tug configuration matrix,

which is a function of the tug angle βI (t)

BT =

 cos(βI (t))
sin(βI (t))

0

, (I = A,B,C,D). (10)

C. Effects of the Environmental Disturbances

The effects of wind disturbances on a vessel can be
expressed by [23]

τ ∗wind(t) =
1
2
ρa V 2

rw(t)

 −cx cos(γrw(t))AFw
cysin(γrw(t))ALw

cnsin(2γrw(t))ALwLoa

 (11)

where ρa is the air density; cx , cy , and cn are the wind
coefficients for horizontal plane motions; AFw and ALw are the
transverse and lateral projected areas of the vessel above the
water, respectively; Loa is the overall length of vessel; Vrw(t)
and γrw(t) are the relative wind speed and the wind angle of
attack relative to the vessel bow, respectively.

The effects of wave disturbances on a vessel can be modeled
by simplifying the wave excitation forces [13], [24], [25]

τ ∗wave(t) =

N∑
q=1

 K∗q X (t)
K∗qY (t)

K∗q N (t)


·

 Aq cos
(
ωq t + εq X

)
Aq cos

(
ωq t + εqY

)
Aq cos

(
ωq t + εq N

)
 (12)

where q is the qth wave component; N is the total number
of harmonic components; Aq is the wave amplitude; ωq is
the wave frequency; εq X , εqY and εq N are random phase
angles; K∗q X (t), K∗qY (t), and K∗q N (t) are the tunable gains
related to the wave encounter angle χ∗q(t) and wave frequency
ωq [26]. To simplify the model, the tunable gains are modeled
as follows:

K∗q X (t) = k∗q X · cos
(
χ∗q(t)

)
K∗qY (t) = k∗qY · sin

(
χ∗q(t)

)
K∗q N (t) = k∗q N · sin

(
χ∗q(t)

)
χ∗q(t) = βqw − ψ∗(t) (13)

where k∗q X , k∗qY , and k∗q N are the constant gains; βqw is the
incident wave angle of the qth wave component.

The effects of irrotational current disturbances on a vessel
reflect on the vessel kinetics (2) [23]

M∗ν̇∗r (t)+ C∗(ν∗r (t))ν∗r (t)+ D∗ν∗r (t)

= τ ∗(t)+ τ ∗wind(t)+ τ ∗wave(t) (14)

where ν∗r (t) is the relative velocity, calculated by

ν∗r (t) = ν∗(t)− νc(t) (15)

where νc(t) is the current velocity in the body-fixed frame

νc(t) =

 uc(t)
vc(t)
0

 =

 Vc cos(βc − ψ∗(t))
Vc sin(βc − ψ∗(t))

0

 (16)
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Fig. 4. Control diagram for the offshore platform towing system.

where Vc is the current speed; βc is the sideslip angle. Thus,
the derivative of ν∗r (t) in (14) is expressed as

ν̇∗r (t) = ν̇∗(t)−

 Vc sin(βc − ψ(t)) · r(t)
−Vc cos(βc − ψ(t)) · r(t)

0

. (17)

III. DISTRIBUTED DYNAMIC COORDINATION CONTROL

The dynamic coordination control scheme for a four-
autonomous tugboat offshore platform towing system is
introduced in this section.

The control diagram is shown in Fig. 4. The dynamic
coordination decision system (located on the platform) outputs
the desired position of the platform ηOd and the functional
role of each tugboat g(i, t), (i ∈ {1, 2, 3, 4}) according
to the waypoint set WP and the current position vector
of the platform ηO(t). The supervisory controller (located on
the platform) uses the calculated ηOd , g(i, t), and the data
of the platform ηO(t), νO(t) to compute the desired position
of the tugboats ηid(t). According to the information of ηid(t)
and the current tug position ηi (t) and velocity νi (t), the tug
controller (located on the tugboat) computes the thruster forces
τ T i (t) and predicted position [xi P(t), yi P(t)] for each tug. The
data [xi P(t), yi P(t)] are sent back to the supervisory controller
to compare with the tug desired position to reach a consensus
between the supervisory controller and each tug controller.
When the consensus is achieved, the tug controller sends
τ T i (t) to the tug system under the environmental disturbances
τ iwind(t), τ iwave(t), νic(t). Finally, each tugboat outputs the
towing forces τ Oi (t) according to the system configuration
to the offshore platform system under the environmental

Fig. 5. Idea of the dynamic coordination.

disturbances τ Owind(t), τ Owave(t), and νOc(t) for executing
transportation missions.

The details of the dynamic coordination decision mech-
anism, the controller design, and the distributed control
architecture design are introduced below.

A. Dynamic Coordination Decision Mechanism

The idea of the dynamic coordination decision is based
on the relative position between the neighbor waypoints.
As shown in Fig. 5, the water space around the platform
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Algorithm 1 Dynamic Coordination Decision Mechanism

Fig. 6. Desired geometrical configuration for the front tugs.

is divided into four areas, and the angle range of each area
is 90◦. When the platform reaches the waypoint Wp j and the
relative position angle θ to the next waypoint Wp j+1 lies in a
specific area, the two tugboats closer to the next waypoint are
appointed as the guiding tugs (role A and B), the other two
tugboats are appointed as the following tugs (role C and D).
The calculation of the relative position angle is expressed as

θ(t) = arctan
(

xwp( j + 1)− xwp( j)
ywp( j + 1)− ywp( j)

)
− ψO(t) (18)

where [xwp( j), ywp( j)] and [xwp( j + 1), ywp( j + 1)] are the
coordinates of the waypoint Wp j and Wp j+1, respectively.
Therefore, the decision mechanism of the functional role for
four tugboats is provided in Algorithm 1.

Each role corresponds to a specific reference trajectory of
the tugboat, which is calculated through the desired kine-
matics configuration of the towing system. For the guiding
tugs A and B (as shown in Fig. 6), the key to coupling the
motion of the platform and the tugboats are the following

Fig. 7. Desired geometrical configuration for the rear tugs.

angles:

γ = arctan
(

W
L

)
δA(t) = 90◦

− γ − ψO(t)

δB(t) = γ − ψO(t) (19)

where γ is the platform configuration angle; δA(t) and δB(t)
are the linking angles of tug A and B. The reference position
and heading of the tugboats then are expressed as

ψAd(t) = αA(t)+ ψO(t)− 90◦

xAd(t) = xO(t)+ L O cos(δA(t))+ L tow cos(ψAd(t))

yAd(t) = yO(t)− L O sin(δA(t))+ L tow sin(ψAd(t)) (20)
ψBd(t) = αB(t)+ ψO(t)

xBd(t) = xO(t)− L O sin(δB(t))+ L tow cos(ψBd(t))

yBd(t) = yO(t)+ L O cos(δB(t))+ L tow sin(ψBd(t)) (21)

where L tow is the desired length of the towline (all the towlines
are assumed of equal length); L O is the distance from the
center of gravity of the platform to its towing point, which is
calculated by

L O =

√
(0.5L)2 + (0.5W )2. (22)

For the following tugs C and D (as shown in Fig. 7), the
key angles are calculated by:

δC(t) = 90◦
− γ − ψO(t)

δD(t) = γ − ψO(t) (23)

where δC(t) and δD(t) are the linking angles of tug C and D.
The reference position and heading of the tugboats then are
expressed as

ψCd(t) = αC(t)+ ψO(t)− 90◦

xCd(t) = xO(t)− L O cos(δC(t))− L tow cos(ψCd(t))

yCd(t) = yO(t)+ L O sin(δC(t))− L tow sin(ψCd(t)) (24)
ψDd(t) = αD(t)+ ψO(t)

xDd(t) = xO(t)+ L O sin(δD(t))− L tow cos(ψDd(t))

yDd(t) = yO(t)− L O cos(δD(t))− L tow sin(ψDd(t)). (25)
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Besides, Figs. 6 and 7 show that the tug angle βI (t) in (10)
can be solved by the towing angle, tugboat heading, and
platform heading

βA(t) = αA(t)+ ψO(t)− 90◦
− ψA(t)

βB(t) = αB(t)+ ψO(t)− ψB(t)

βC(t) = αC(t)+ ψO(t)− 90◦
− ψC(t)

βD(t) = αD(t)+ ψO(t)− ψD(t). (26)

B. Controller Design

According to Fig. 4, there are two types of controllers. The
supervisory controller aims to allocate the control inputs of
the platform τ O(t) to the four tugboats by calculating the
corresponding towing angles and forces. The tug controller
calculates the thrust forces and moment for the tugboats τ i (t)
to provide the towing forces and track the tug’s reference
trajectories. Since an offshore platform transportation towing
system is characterized by multiple control inputs, has mul-
tiple control constraints, and is often highly heterogeneous,
the MPC method is used to achieve control allocation and
trajectory tracking.

For the offshore platform, the MPC-based supervisory con-
troller is to solve the following optimization problem:

min
τ O

HP∑
h=1

JO(k + h|k)

s.t. i) Platform dynamics
ii) Actuator saturation
iii) System configuration restriction (27)

where HP is the length of the prediction horizon; k is the cur-
rent time instant; h is the hth time prediction step; JO(k + h|k)
are the prediction made at k about the cost function of the ship
at k + h.

The control objectives of the offshore platform are to track
the waypoints and steady the heading, so the cost function at
time instant k is designed as

JO(k) = wP eT
P(k)eP(k)+ wHψ

2
Op(k)

+ wV νT
Op(k)νOp(k) (28)

where wP , wH , and wV are the weight coefficients of the
platform (positive scalar); eP(k) ∈ R2 is the position error
expressed as

eP(k) =
[
xOp(k) yOp(k)

]T
−

[
xwp( j) ywp( j)

]T (29)

where xOp(k), yOp(k) are the predicted position coordinates;
ψOp(k) is the predicted heading; νOp(k) ∈ R3 is the predicted
velocity vector.

The predicted states νOp(k), xOp(k), yOp(k), and ψOp(k)
in (28) and (29) satisfy the platform dynamics (the first

constraint), calculated by the discretization of (1)–(7)

ηOp
(k + 1) = ηOp

(k)+

∫ (k+1)Ts

kTs

R(ψO(t))νO(t)dt

νOp (k + 1) = νOp (k)+

∫ (k+1)Ts

kTs

M−1
O

× [−C O(νO(t)) · νO(t)− DO(νO(t))νO(t)

+

4∑
i=1

BO(αi (t))Fi (t)+ τ Owind(t)

+ τ Owave(t)]dt (30)

where Ts is the sample time.
The actuator saturation (the second constraint) stemming

from the physical laws and maritime practice [12] are (for
i ∈ {1, 2, 3, 4})

αi min ≤ αi (k) < αi max (31)
0 ≤ Fi (k) ≤ Fi max (32)∣∣α̇i (k)
∣∣ ≤ ᾱi (33)∣∣Ḟ i (k)
∣∣ ≤ F̄ i (34)

where αi min and αi max are the minimum and maximum values
of the towing angle; Fi max is the maximum value of the
towing force that the towline withstands; ᾱi and F̄ i are the
maximum rates of change for the towing angle and force,
respectively.

For the i th tugboat, the MPC-based tug controller is to solve
the following optimization problem:

min
τ Ti

HP∑
h=1

Ji (k + h|k)

s.t. i) Tugboat dynamics
ii) Actuator saturation
iii) System configuration restriction (35)

where the cost function is designed as

Ji (k) = wIeT
i (k)ei (k)+ wIIν

T
i p(k)νi p(k) (36)

where wI and wII are the weight coefficients of the tugboat
(positive scalar); νi p(k) ∈ R3 is the predicted velocity vector;
ei (k) ∈ R3 is the position and heading error of the tugboat i ,
expressed as

ei (k) = ηi p(k)− ηid(k) (37)

where ηi p(k) ∈ R3 and ηid(k) ∈ R3 are the predicted and
desired trajectory of the tugboat i , respectively.

The predicted states νi p(k), ηi p(k) in (36) and (37) satisfy
the tugboat dynamics (the first constraint), calculated by the
discretization of (1) and (2) and (8)–(10)

ηi p
(k + 1) = ηi p

(k)+

∫ (k+1)Ts

kTs

R(ψi (t))νi (t)dt

νi p (k + 1) = νi p (k)+

∫ (k+1)Ts

kTs

M−1
i

× [−C i (νi (t)) · νi (t)− Di (νi (t))νi (t)

+ Bi (βi (t))F ′

i (t)+ τ Ti (t)

+ τ iwind(t)+ τ iwave(t)]dt. (38)
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The tug actuator saturation is expressed as

−τ T i max ≤ τ T i (k) ≤ τ T i max (39)∣∣τ̇ T i (k)
∣∣ ≤ τ̄ T i (40)

where τ i max and τ̄ T i are the maximum value and max-
imum change rate of the thruster forces and moment,
respectively.

The system configuration restriction (the third constraint)
in (27) and (35) are used to reach a consensus between the
supervisory controller and the tug controllers for achieving the
distributed control architecture, illustrated in Section III-C.

C. Distributed Control Architecture Design

The distributed control architecture is achieved using the
alternating direction method of multipliers (ADMM) [27].
In our case, the key to reaching a consensus between
the supervisory controller and the tug controllers is to
make the difference between the desired tug trajectory
[ηid(k)] and the predicted tug trajectory [ηi p(k)] as small
as possible.

Under the assumption of no delay and package loss of com-
munication between each system, the desired tug trajectory
ηid(k) is calculated through (19)–(25). However, (26) indicates
that the desired tug heading will not be achieved immediately
by the tug controller, especially in the process of functional
role changing. Thus, to make the switching process between
the tug role of guiding and following smooth, the desired
tug position is the key element for reaching a consensus
other than the desired tug heading. Then, the tugboat cost
function except for the position consensus part is revised
from (36) to

JT i (k) = wIHe2
ψi (k)+ wIIν

T
i p(k)νi p(k) (41)

where wIH is the weight coefficient for the tugboat heading
(positive scalar); eψi is the heading error of the tugboat i . Then
the augmented Lagrangian form of the dynamic coordination
offshore platform transportation problem at time instant k is
formulated as

L p
(
τ O(k), τ Ti (k),λi (k)

)
= JO(τ O(k))

+

4∑
i=1

(
JT i

(
τ Ti (k)

)
+ λT

i (k)
[

pi p(k)− pid(k)
]

+ (ρi/2)
∥∥ pi p(k)− pid(k)

∥∥2
2

)
(42)

where λi (k) is the Lagrangian multiplier or dual variable, and
ρi is the penalty parameter; pi p(k) = [xi p(k) yi p(k)]T and
pid(k) = [xid(k) yid(k)]T are the predicted and desired tug
positions, respectively. According to (19)–(21), pid(k) is a
function of the towing angle αi (k) and the predicted platform
position vector ηOP

(k); αi (k) is a part of τ O(k), ηOP
(k) can

be calculated by τ O(k) through the platform dynamics. Thus,
pid(k) can be expressed as a function of τ O(k): pid(k) =

fi (τ O(k)). Similarly, pi p(k) can be calculated by τ Ti (k)
through the tug dynamics, so pi p(k) = hi (τ Ti (k)).

Therefore, the iteration procedure of the ADMM at time
instant k is then formulated as follows:

τ s
Ti
(k) := arg min

τ Ti (k)

(
JT i

(
τ Ti (k)

)
+ λs−1

i (k)T

×
[
hi

(
τ Ti (k)

)
− fi

(
τ s−1

O (k)
)]

+ (ρi/2)

×
∥∥hi

(
τ Ti (k)

)
− fi

(
τ s−1

O (k)
)∥∥2

2

)
(43)

τ s
O(k) := arg min

τ O (k)

(
JO(τ O(k))

+

4∑
i=1

(
−λs−1

i (k)T fi (τ O(k))+ (ρi/2)

×
∥∥hi

(
τ s

Ti
(k)

)
− fi (τ O(k))

∥∥2
2

))
(44)

λs
i (k) := λs−1

i (k)+ ρi
(
hi

(
τ s

Ti
(k)

)
− fi

(
τ s

O(k)
))

(45)

where s is the iteration index and ·
s stands for the correspond-

ing variable at the sth iteration.
The termination criterion is provided based on the following

residuals:∥∥∥Rs
pri,i (k)

∥∥∥
2

=
∥∥hi

(
τ s

Ti
(k)

)
− fi

(
τ s

O(k)
)∥∥

2 ≤ εs
pri,i (k)∥∥Rs

dual,i (k)
∥∥

2 =
∥∥ fi

(
τ s

O(k)
)
− fi

(
τ s−1

O (k)
)∥∥

2 ≤ εs
dual,i (k)

(46)

where Rs
pri,i and Rs

dual,i are the primal and dual residual at
iteration s; εs

pri,i > 0 and εs
dual,i > 0 are the feasibility

tolerances, determined by

εs
pri,i (k) =

√
nsε

abs

+ εrel max
{∥∥hi

(
τ s

Ti
(k)

)∥∥
2,

∥∥ fi
(
τ s

O(k)
)∥∥

2

}
εs

dual,i (k) =
√

nsε
abs

+ εrel
∥∥λs

i (k)
∥∥

2 (47)

where ns is the size of the variable τ Ti ; ε
abs > 0 and εrel > 0

are the absolute and relative tolerances, respectively.
The penalty parameter ρi is usually designed to be variable

according to the comparison of the primal and dual residuals
to increase the speed of convergence

ρs
i =



min
{
2ρs−1

i , ρi max
}
, if

∥∥∥Rs
pri,i (k)

∥∥∥
2

> 10
∥∥Rs

dual,i (k)
∥∥

2

max
{
ρs−1

i /2, ρi min
}
, if

∥∥∥Rs
pri,i (k)

∥∥∥
2

< 10
∥∥Rs

dual,i (k)
∥∥

2
ρs−1

i , otherwise
(48)

where ρi max and ρi min are the maximum and minimum values
of the penalty parameter, respectively.

Therefore, the distributed control scheme is summarized in
Algorithm 2. And the overview of the entire proposed method
is shown in Algorithm 3.

Remark 1: To analyze the stability of the closed-loop sys-
tem, some conditions for quadratic stage cost and specific
terminal cost would be needed in theory [28]. For example,
by computing the reachable sets of a starting region to make
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Algorithm 2 Consensus Iteration for Distributed Control

Algorithm 3 Distributed Dynamic Coordination Control

all of them contained into a targeting region, and determine the
minimum admissible mode-dependent dwell time, the stability
of MPC can be guaranteed [29].

In the case of the increased number of constraints due to,
e.g., static boundaries, the stability of the proposed method
should be investigated. A possible way could transform
some hard constraints into soft ones and make them part
of the objective function. For instance, when considering
collision avoidance, the distance constraint from obstacles
can be incorporated into the objective function by reciprocal
form [30].

IV. SIMULATION EXPERIMENT

A simulation experiment is carried out in this section to
show the performance of the proposed distributed dynamic

TABLE II
DATA OF ENVIRONMENTAL DISTURBANCES

coordination control scheme applied to an offshore platform
towing system of small-scale lab vessels.

A. Simulation Setup

The models of the simulated offshore platform and tug-
boat are based on the design parameters and characteristics
(i.e., hydrodynamic terms) in [31] and [32]. The weight and
size of the platform are mO = 3.345 kg, W = 1.2 m, and
L = 1.6 m; and the weight and size of the tugboat are
mi = 16.9 kg, wi = 0.2 m, and li = 0.6 m, respectively. For
the control inputs of the platform, L tow = 1.5 m, Fi max =

0.3 N, and ᾱi = 5◦/s, F̄ i = 0.01 N/s; for the control
inputs of each tugboat, τi max = [2 N 2 N 1 Nm]

T and
τ̄ i = [1 N/s 1 N/s 0.5 Nm/s]T.

The environmental disturbances are set as shown in
Table II, consisting of winds, waves, and currents, where
the effects of the waves are coupled by two wave com-
ponents. The information on the control system is shown
in Table III, including the parameters of the ADMM
strategy. The value of weights is chosen based on the
magnitude of position, heading, and velocity part in differ-
ent controllers; the larger the magnitude, the smaller the
weight.

Two simulation scenarios are defined with the same towing
system parameters, environmental disturbances parameters,
control system parameters, and control objectives, except for
the mechanism of the functional role for tugboats: the tugboats
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Fig. 8. Towing processes under environmental disturbances in two scenarios. (a) Current velocities (uc , vc) and wind and wave-resultant forces (FEX, FEY)
on x- and y-axis in the body-fixed frame of Scenario I. (b) Current velocities (uc , vc) and wind and wave-resultant forces (FEX, FEY) on x- and y-axis in
the body-fixed frame of Scenario II. (c) Towing process in Scenario I. (d) Towing process in Scenario II.

TABLE III
PARAMETERS OF THE CONTROL SYSTEM

in Scenario I have fixed functional roles, while in Scenario II
the tugboats are controlled by the proposed dynamic coordi-
nation control scheme. Simulation experiments are carried out
using MATLAB 2018b on a laptop computer with an Intel
CORE i7 CPU and 8 GB of RAM.

Fig. 9. Process of the functional role changes for the tugs.

B. Results and Discussion

Fig. 8 shows the towing process under environmental distur-
bances, where Fig. 8(a) and (b) are the effects of the winds,
waves, and currents in two scenarios; Fig. 8(c) and (d) are
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Fig. 10. Temporal evolution of the position and linear velocity of the platform and four tugs. (a) Scenario I. (b) Scenario II.

Fig. 11. Temporal evolution of the towline elongation.

TABLE IV
CONTROL PERFORMANCE OF THE TWO SCENARIOS

the five time-sampled typical states of the towing system in
two scenarios. From t1 = 0 s to t2 = 60 s, the trajecto-
ries of the platform and four tugs in two scenarios are the
same (straight path), also affected by the same environmental
disturbances.

From t2 = 60 s to t3 = 120 s the target waypoint changes,
the four tugboats keep their previous configurations and slowly
move the platform in Scenario I; while in Scenario II, tug 1
changes its role from guiding tug to the following tug, tug 3
changes its role from following tug to guiding tug, meanwhile
the four tugboats coordinately adjust the platform toward

Fig. 12. Temporal evolution of the towing angles and their change rates in
Scenario II. (a) Value of the four towing angles. (b) Change rate of the four
towing angles.

to the destination. The process of the functional role changes
for the tugs is shown in Fig. 9.

From t3 = 120 s to t4 = 165 s, the four tugboats in
Scenario I still slowly move the platform with the same
configurations. In Scenario II, tug 2 and tug 3 as the guid-
ing tugs continue adjusting to make an all-out effort toward
to the destination. Finally, from t4 = 165 s to t5 = 400 s,
the platform in Scenario II has been transported to the
destination when the same mission in Scenario I is not
finished yet.
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Fig. 13. Temporal evolution of the towing forces and their change rates in
Scenario II. (a) Value of the four towing forces (b) Change rate of the four
towing forces.

After t2 = 60 s, the effects of environmental disturbances
in the two scenarios are also different. For the platform,
since its heading undergoes few changes in Scenario I, the
environmental effects mainly work on the x-axis direction in
the body-fixed frame. The platform heading in Scenario II
undergoes more changes, therefore, there are environmental
effects on the y-axis direction as well. The differences are
more explicitly reflected in the four tugs whose environmental
influence in Scenario II varies more than in Scenario I because
of the functional role adjustment.

The time-varying position and linear velocity of the platform
and four tugs are shown in Fig. 10. It can be seen that around
200 s, the position of the platform in Scenario II has already
achieved the desired value, while the platform in Scenario I
has not reached the destination yet even at the 400 s. The
value of surge velocity of the platform in both scenarios has a
similar variation, but for the tugs, except for the phase of the
functional role adjustment, the magnitude of the surge velocity
changes in Scenario II is smaller than Scenario I. The sway
velocities of the platform and tugs are quite different between
the two scenarios. Due to the functional role adjustment,
there are great sway motions for tugs, which makes the sway
velocity of the platform have a large increase after t2 = 60 s.
This explains the reason for the more efficiency of the towing
process in Scenario II.

Fig. 11 shows the time-varying values of the towline
elongation. Compared to Scenario I, the changes of the

Fig. 14. Temporal evolution iteration number for consensus in Scenario II.

towline elongation in Scenario II are smaller, reflecting a
better consensus achievement between the supervisory and tug
controller in Scenario II. The control performance of the two
scenarios, characterized by settling time and maximum towline
elongation error, is quantified and compared in Table IV. The
settling time is defined by the states of the ship that satisfy the
following conditions: 1) the distance from the current position
to the desired position is less than half length of the ship and
2) the surge and sway velocities are less than 0.01 m/s. The
towline elongation error is calculated by

eli =

∣∣∣∣max{di (t)} − ltow

ltow

∣∣∣∣. (49)

From Table IV, it is clear that the control performance in
Scenario II is better.

The time-varying of the towing angles, towing forces, and
their change rate in Scenario II are shown in Figs. 12 and 13.
From Fig. 12, the four towing angels and their change rates
satisfy the saturation constraints. Because of the tugboat role
adjustment, the magnitude of the towing angle change is huge.
From Fig. 13, during the time between 0 and 60 s, since
tugs 1 and 2 are the guiding tugs and tugs 3 and 4 are the
following tugs, the values of F1 and F2 keep increasing and
F3 and F4 remain around zero; during the time of 60–200 s,
the tugboat role adjustment makes tugs 2 and 3 guiding tugs
and tugs 1 and 4 following tugs, so the values of F1 and
F4 reduce to zero and F3 and F4 increase to their maximum
value. After 200 s, because environmental disturbances do
not vanish, the towing forces always exists against environ-
mental forces to reach a dynamic balance for the towing
system.

Regarding the total computational time cost of solving
the optimization control problem, the cost in Scenario I is
3.7 times the cost in Scenario II. Considering the energy
consumption, which is calculated based on the admiralty
coefficient [33], the consumption in Scenario I is 0.89 times
the consumption in Scenario II. The above data indicate that,
a small sacrifice of energy in Scenario II can relieve the
computational load. The iteration number for consensus in
each time step of Scenario II is shown in Fig. 14. It is observed
that the majority of numbers are under 20, and the maximum
number is less than 40.
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V. CONCLUSION AND FUTURE RESEARCH

This article proposes a distributed dynamic coordination
control scheme for a multivessel towing system to transport an
offshore platform under environmental disturbances. The cores
of the proposed control scheme are the dynamic coordination
decision mechanism, the controller design, and the distributed
control architecture design.

The decision mechanism is based on the relative position
between the last and the current waypoints, and four sets of
functional role combinations are presented to assign the role
of each tugboat. The controllers are designed based on the
MPC strategy with different cost functions: for the super-
visory controller, the cost function consists of the position
error, heading, and velocities; for the tug controller, its cost
function components are the position error, heading error,
and velocities. The distributed control architecture is built
based on the ADMM strategy which is to design an augmented
Lagrangian function for reaching a consensus between the
desired tug position output from the supervisory controller
and the predicted tug position output from the tug controller.
The comparison of the two Scenarios indicates that the pro-
posed control scheme has better consensus achievement for
the distributed control architecture accomplishment and more
efficiently transports an offshore platform under environmental
disturbances.

Future research will focus on collision avoidance for
the offshore platform towing system to improve its safety
when dealing with static obstacles and other moving ves-
sels. The analysis of the stability of the proposed algorithm
will be included as well. In the stability analysis, we will
consider the impact of the increased number of con-
straints due to, e.g., static boundaries or collision avoidance
regulations.
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