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Abstract: The mechanical and electronic properties of two GaN crystals, wurtzite and zinc-blende
GaN, under various hydrostatic pressures were investigated using first principles calculations.
The results show that the lattice constants of the two GaN crystals calculated in this study are close
to previous experimental results, and the two GaN crystals are stable under hydrostatic pressures
up to 40 GPa. The pressure presents extremely similar trend effect on the volumes of unit cells and
average Ga-N bond lengths of the two GaN crystals. The bulk modulus increases while the shear
modulus decreases with the increase in pressure, resulting in the significant increase of the ratios of
bulk moduli to shear moduli for the two GaN polycrystals. Different with the monotonic changes
of bulk and shear moduli, the elastic moduli of the two GaN polycrystals may increase at first and
then decrease with increasing pressure. The two GaN crystals are brittle materials at zero pressure,
while they may exhibit ductile behaviour under high pressures. Moreover, the increase in pressure
raises the elastic anisotropy of GaN crystals, and the anisotropy factors of the two GaN single crystals
are quite different. Different with the obvious directional dependences of elastic modulus, shear
modulus and Poisson’s ratio of the two GaN single crystals, there is no anisotropy for bulk modulus,
especially for that of zinc-blende GaN. Furthermore, the band gaps of GaN crystals increase with
increasing pressure, and zinc-blende GaN has a larger pressure coefficient. To further understand the
pressure effect on the band gap, the band structure and density of states (DOSs) of GaN crystals were
also analysed in this study.

Keywords: GaN; pressure; first principle; mechanical property; electronic property

1. Introduction

Because of superior performances, such as wide direct band gap, excellent luminous efficiency,
corrosion resistance, low dielectric constant, high temperature resistance, electron mobility and
outstanding mechanical strength [1–5], GaN is known as one of the third-generation semiconductor
materials and can be applied potentially in LEDs, lasers, sensors, high power, spintronic devices,
etc. [6,7]. Usually, GaN has a hexagonal wurtzite structure. It has been reported that, in a revised
molecular-beam epitaxy system, cubic zinc-blende GaN can be obtained on β-SiC (100) substrates [8].
Compared with wurtzite GaN, zinc-blende GaN is supposed to be more flexible for molecular
designs [9,10]. There have been numerous works about the effect of surface adsorption [11–14],
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defects [15–17] and doping [18–21] on the electronic and optoelectronic performances of wurtzite GaN,
while less research has been done about that of zinc-blende GaN. Thus far, because of deficiencies of
experimental equipment and measurement methods, in-depth investigations on the mechanical and
electronic performances of the two GaN crystals are still limited.

First principles calculations about the mechanical and physical performances of materials
have been successfully carried out and the accuracy of their results has been verified [22–24].
Wang and Ye [25] investigated the lattice parameters, bulk moduli and energy band structures of
twelve III–V wurtzite and zinc-blende semiconductors under pressure via the first principle calculation,
and the pressure dependences of band gaps of different semiconductors were presented. However,
relevant information about the GaN in Wang and Ye’s study is still very limited. In order to further
understand the mechanical and physical performances of the two GaN crystals, to help establish finite
element models and to evaluate the reliability of components and devices, first-principles calculations
using density functional theory (DFT) have been applied in this study to explore the mechanical and
electronic properties of wurtzite and zinc-blende GaN crystals under different hydrostatic pressures.

2. Computational Methods

The CASTEP programme was applied to perform DFT calculations [26]. The generalised
gradient approximation (GGA) of the revised Perdew–Burke–Ernzerhof (PBE) formalism [27,28] and
the local density approximation (LDA) proposed by Ceperley and Alder and parameterized by Perdew
and Zunger (CA-PZ) [29,30] were used to calculate the exchange-correlation potential. Meanwhile,
to optimise the GaN crystals structures, Vanderbilt ultra-soft pseudopotentials [31] and the BFGS
algorithm [21] were employed. The self-consistent field tolerance and plane wave basis cut-off energy
were set at 5.0 × 10−7 eV atom−1 and 520 eV, respectively. To guarantee the variation of total energy
was smaller than 1 meV atom−1 [22,32], a 12 × 12 × 12 Monkhorst–Pack grid [33] was chosen in
the calculation for the Brillouin-zone integration. The convergence tolerance of the energy was
5.0 × 10−6 eV, and those for maximum force, maximum displacement and maximum stress were
set at 0.01 eV/Å, 0.0005 Å and 20 MPa, respectively. For providing a good representation of the electron
density, 25× 25× 25 mesh was selected for the fast Fourier transform grid parameters. As for relativistic
treatment, the Koeling-Harmon method was employed [34]. At the same time, density mixing was used
to specify the electronic minimization method for the self-consistent field calculation [35]. By using
linear fitting stress values at four small strains ±0.001 and ±0.003, the elastic stiffness matrix Cij could
be calculated according to nine deformation conditions [36]. Then, as the inverse matrix of Cij, the
compliance matrix Sij was obtained. The structural, elastic and electronic properties of GaN crystals
were explored under external hydrostatic pressures ranging from 0 to 40 GPa.

3. Results and Discussion

3.1. Structural Properties

The wurtzite GaN crystal has a hexagonal structure and its space group is P63mc [37], see Figure 1a.
Zinc-blende GaN crystallises in a cubic structure, and has the space group F-43m [37], as displayed in
Figure 1b. After geometry optimization, the lattice parameters were calculated; results are given in
Table 1. Clearly, the calculation results in this study fit well with the experimental data and calculation
results listed in previous studies, proving the validity of the calculations in the present study. Generally,
GGA overestimates the lattice parameters while LDA underestimates them, and the lattice parameters
obtained from LDA are much closer to experimental data. Our previous work revealed that, compared
to GGA, LDA is more accurate in predicting elastic properties [38]. Therefore, LDA was applied in the
following study.

The ratio of V to V0 is applied to evaluate the relative change in unit cell volume under
different pressures, where V and V0 are volumes of the unit cell at a specified pressure and zero
pressure, respectively. Pressure dependences of V/V0 of the two GaN crystals are shown in Figure 2a.
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Obviously, V/V0 value decreased substantially with the increasing hydrostatic pressure, and the
pressure presented an extremely similar trend effect on V of the two GaN crystals. This is due to the
fact that the average bond lengths of the two GaN crystals are also very close to each other under the
same pressure, see Figure 2b.
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Table 1. Lattice parameters at zero pressure.

Phase Approach
Lattice Parameters

a0 (Å) b0 (Å) c0 (Å) c0/a0 V0

Wurtzite GaN
(P63 mc)

GGA (present) 3.246 3.246 5.280 1.627 48.185
LDA (present) 3.159 3.159 5.145 1.629 44.477

GGA [39] 3.199 3.199 5.227 1.634 46.306
LDA [39] 3.131 3.131 5.104 1.630 43.331
GGA [40] 3.245 3.245 5.296 1.632 48.296
LDA [40] 3.193 3.193 5.281 1.634 46.628
GGA [41] 3.197 3.197 5.210 1.630 46.118
Expt. [42] 3.189 3.189 5.185 1.626 45.671

Zinc-blendeGaN
(F-43m)

GGA (present) 4.582 4.582 4.582 1.000 96.217
LDA (present) 4.461 4.461 4.461 1.000 88.786

GGA [43] 4.550 4.550 4.550 1.000 94.196
LDA [40] 4.518 4.518 4.518 1.000 92.223
LDA [39] 4.446 4.446 4.446 1.000 87.884
Expt. [9] 4.490 4.490 4.490 1.000 90.519

3.2. Elastic Constants

Elastic constants, Cij, can quantify the response of deformation under a force or stress load. In the
stiffness matrix of the hexagonal structure-like wurtzite GaN crystal, there are five independent elastic
constants, i.e., C11, C12, C13, C33 and C44, which should conform the stability criteria [44]:

C11 > 0, (C11 − C12) > 0, C44 > 0, (C11 + C12)C33 > 2C2
13 (1)
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For zinc-blende GaN, which has a cubic crystal structure, the independent elastic constants are
C11, C44 and C12, and its stability requires [44]:

(C11 + 2C12) > 0, C44 > 0, (C11 − C12) > 0 (2)

The elastic constants calculated under pressures of 0 and 40 GPa are given in Table 2, where
results obtained are consistent with previous experimental data and calculation values, demonstrating
the effectiveness of the calculations performed in this work. The calculation results show that, under
the pressure from 0 to 40 GPa, elastic constants of the two GaN crystals satisfy relevant stability
criteria, thereby, indicating that the two GaN crystals were mechanically stable under the various
pressures applied.

Bulk modulus is a parameter about how incompressible/resistant to compression that substance
is. It can be defined as the ratio of the increase of infinitesimal pressure to the corresponding decrease
of volume and can be calculated within the Voigt–Reuss scheme [45]:

BV =
1
9
[C11 + C22 + C33 + 2(C12 + C13 + C23)] (3)

BR = [S11 + S22 + S33 + 2(S12 + S13 + S23)]
−1 (4)

where BV and BR denote the upper and lower bounds of the bulk moduli of the polycrystalline
aggregate, respectively. The shear modulus of polycrstals can be expressed as Equations (5) and (6):

GV =
1
15

[(C11 + C22 + C33)− (C12 + C13 + C23) + 3(C44 + C55 + C66)] (5)

GR = 15[4(S11 + S22 + S33)− 4(S12 + S13 + S23) + 3(S44 + S55 + S66)]
−1 (6)

where GV and GR are the upper and lower bounds of shear moduli, respectively. Then, the effective bulk
and shear moduli, B and G, can be predicted according to the Voigt–Reuss–Hill approximation [45]:

B = (BV + BR)/2 (7)

G = (GV + GR)/2 (8)

Moreover, the elastic modulus (E) of the two GaN polycrystals can be obtained according to
Equation (9), and Poisson’s ratio (v) can be gotten by Equation (10):

E =
9BG

3B + G
(9)

ν =
3B− 2G
6B + 2G

(10)

The calculated mechanical properties for the two GaN polycrystals at pressures of 0 and 40 GPa
are listed in Table 3. Clearly, at zero pressure, the three values of B, G and E of the two GaN are similar.
However, the mechanical properties of GaN crystals are markedly different at the two pressures 0 and
40 GPa. To further explore the influence of hydrostatic pressure on the mechanical behaviour of the two
GaN crystals, the pressure dependences of B, G, B/G and E of the two GaN crystals were calculated,
see Figure 3. Calculation results display that the bulk modulus B of GaN increased dramatically
with the increase in pressure in a linear fashion. The bulk moduli of wurtzite and zinc-blende GaN
polycrystals increased from 195.17 and 200.98 GPa to 355.27 and 358.60 GPa, respectively. Meanwhile,
the bulk moduli of the two GaN polycrystals at different pressures were quite similar, see Figure 3a.
The shear moduli of wurtzite and zinc-blende GaN decreased with the increase in pressure, see
Figure 3b. As a result, the ratio B/G of the two crystals increased significantly with the increase in
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pressure, as presented in Figure 3c. Moreover, the results show that with the increase of pressure,
the elastic moduli of the two GaN polycrystals may increase at the beginning, while they may decrease
as the pressure rises from 20 to 40 GPa, as illustrated in Figure 3d.

Table 2. Calculated elastic constant Cij (GPa) under pressures 0 and 40 GPa.

Phases C11 = C22 C12 C22 = C23 C33 C44 = C55 C66 Note

Wurtzite GaN

364.19 125.99 364.19 413.68 97.04 119.10 LDA, 0 GPa a

509.98 302.12 509.98 585.85 87.06 103.93 LDA, 40 GPa a

396 144 396 392 91 126 LDA, 0GPa [46]
390 ± 15 145 ± 20 390 ± 15 398 ± 20 105 ± 10 123 ± 10 Exp. 0 GPa [47]

Zinc-blende GaN

287.07 157.94 287.07 287.07 167.21 167.21 LDA, 0 GPa a

426.42 324.69 426.42 426.42 171.96 171.96 LDA, 40 GPa a

285 161 285 285 149 149 LDA, 0 GPa [48]
293 159 293 293 155 155 LDA, 0 GPa [49]

a This work.

Table 3. Mechanical properties of GaN polycrystals.

Structure B, GPa G, GPa E, GPa v B/G Note

Wurtzite GaN

195.17 116.35 291.18 0.25 1.68 LDA, 0 GPa a

355.27 106.58 290.67 0.36 3.33 LDA, 40 GPa a

170 103 257 0.248 1.65 GGA, 0 GPa [50]
208 115 291 0.267 1.81 LDA, 0 GPa [50]

170 [51] 188 [52] 116 [53] 295 ± 3 [54] 0.23 ± 0.06 [55] Exp., 0 GPa

Zinc-blende GaN

200.98 113.56 286.67 0.26 1.77 LDA, 0 GPa a

358.60 104.31 285.26 0.37 3.44 LDA, 40 GPa a

184.41 105.30 265.38 0.260 1.75 GGA, 0 GPa [56]
184 106 267 0.258 1.74 GGA, 0 GPa [57]

203.7 110.71 281.18 0.27 1.84 Exp., 0 GPa [58]
a This work.

Crystals 2018, 8, x FOR PEER REVIEW  5 of 16 

 

increase in pressure, see Figure 3b. As a result, the ratio B/G of the two crystals increased 
significantly with the increase in pressure, as presented in Figure 3c. Moreover, the results show that 
with the increase of pressure, the elastic moduli of the two GaN polycrystals may increase at the 
beginning, while they may decrease as the pressure rises from 20 to 40 GPa, as illustrated in Figure 
3d. 

Table 2. Calculated elastic constant Cij (GPa) under pressures 0 and 40 GPa. 

Phases C11 = C22 C12 C22 = C23 C33 C44 = C55 C66 Note 

Wurtzite GaN 

364.19 125.99 364.19 413.68 97.04 119.10 LDA, 0 GPa a 
509.98 302.12 509.98 585.85 87.06 103.93 LDA, 40 GPa a 

396 144 396 392 91 126 LDA, 0GPa [46] 
390 ± 15 145 ± 20 390 ± 15 398 ± 20 105 ± 10 123 ± 10 Exp. 0 GPa [47] 

Zinc-blende GaN 

287.07 157.94 287.07 287.07 167.21 167.21 LDA, 0 GPa a 
426.42 324.69 426.42 426.42 171.96 171.96 LDA, 40 GPa a 

285 161 285 285 149 149 LDA, 0 GPa [48] 
293 159 293 293 155 155 LDA, 0 GPa [49] 

a This work. 

Table 3. Mechanical properties of GaN polycrystals. 

Structure B, GPa G, GPa E, GPa v B/G Note 

Wurtzite GaN 

195.17 116.35 291.18 0.25 1.68 LDA, 0 GPa a 
355.27 106.58 290.67 0.36 3.33 LDA, 40 GPa a 

170 103 257 0.248 1.65 GGA, 0 GPa [50] 
208 115 291 0.267 1.81 LDA, 0 GPa [50] 

170 [51] 188 [52] 116 [53] 295 ± 3 [54] 0.23 ± 0.06 [55]  Exp., 0 GPa 

Zinc-blende GaN 

200.98 113.56 286.67 0.26 1.77 LDA, 0 GPa a 
358.60 104.31 285.26 0.37 3.44 LDA, 40 GPa a 
184.41 105.30 265.38 0.260 1.75 GGA, 0 GPa [56] 

184 106 267 0.258 1.74 GGA, 0 GPa [57] 
203.7 110.71 281.18 0.27 1.84 Exp., 0 GPa [58] 

a This work. 

 
Figure 3. Hydrostatic pressure dependences of bulk modulus B (a), shear modulus G (b), B/G (c) and 
elastic modulus E (d) of GaN crystals. 
Figure 3. Hydrostatic pressure dependences of bulk modulus B (a), shear modulus G (b), B/G (c) and
elastic modulus E (d) of GaN crystals.

It was reported that the directionality of covalent bonds can be characterized by Poisson’s
ratio v, whose value for covalent materials is small (about 0.1); the typical value is 0.25 for ionic
materials [59]. In this study, the calculated values of Poisson’s ratios were 0.25 and 0.26 for the wurtzite
and zinc-blende GaN polycrystals at zero pressure, respectively, see Table 3, indicating strong ionic



Crystals 2018, 8, 428 6 of 16

bonds in the two GaN crystals. In addition, Poisson’s ratio (v) can be used to evaluate material stability
during shear deformation and a smaller value implies a larger stiffness. Thus, wurtzite GaN is more
stable at zero pressure. Moreover, according to the Pugh criterion, if the ratio of bulk modulus to
shear modulus B/G is larger than 1.75, ductile fracture occurs; otherwise, the fracture is in a brittle
mode [60]. Clearly, at zero pressure, the ratio B/G is 1.68 for wurtzite GaN, which is less than 1.75,
as given in Table 3. The ratio of zinc-blende GaN is 1.77, which is larger than that of wurtzite GaN
and close to 1.75. Furthermore, the nature of the bonding, such as brittleness or ductility, can also
be evaluated from the Cauchy pressure [61]. A positive Cauchy pressure indicates damage tolerance
and ductility, while a negative value reveals brittleness; it is supposed that the hexagonal structure is
intrinsically brittle [61]. For cubic zinc-blende GaN, the Cauchy pressure is defined as C12–C44. At zero
pressure, Cauchy pressure is negative according to the data listed in Table 2, thus indicating that the
zinc-blende GaN would also exhibit brittle behaviour at zero pressure. When the pressure increases to
40 GPa, the calculated Poisson’s ratios of wurtzite and zinc-blende GaN polycrystals are 0.36 and 0.37,
respectively; meanwhile, values of B/G rise to 3.33 and 3.44, respectively, revealing that the two GaN
polycrystals may exhibit ductile behaviours under high stresses.

3.3. Elastic Anisotropy

The regular arrangements of atoms in crystals determine the essential elastic anisotropy, which
has a significant influence on the mechanical properties of materials, such as crack growth, anisotropic
elastic deformation and elastic instability. In this study, the anisotropy factor (A) is employed to
evaluate the anisotropic degree of the two GaN single crystal [62]. If A in a crystal plane is close to 1,
then the corresponding mechanical property is prone to isotropy. Results in Table 4 show that, at zero
pressure, wurtzite GaN displays strong anisotropic characteristics in the planes containing the [001]
axis, and zinc-blende GaN shows obvious anisotropy at planes {100} and {110}. In general, the increase
in pressure raises the elastic anisotropy of GaN crystals.

Table 4. Anisotropy factors for two GaN single crystals.

Structure Symmetry Anisotropy Factor A

Wurtzite GaN Planes containing the [001] axis C44(C11 + 2C13 + C33)/
(
C11C33 − C2

13
) 0.653, 0 GPa

0.582,40 GPa

Zinc-blendeGaN
{100} 2C44/(C11 − C12)

2.560, 0 GPa
3.381,40 GPa

{110} C44(CL + 2C12 + C11)/(CLC11 − C2
12)
∗ 1.909, 0 GPa

2.180, 40 GPa

* For cubic crystals CL = C66 + (C11 + C12)/2.

To further explore the anisotropic behaviours of the two GaN single crystals, the three-dimensional
(3D) surface, which can reveal the elastic anisotropy, was analysed. The 3D surface reflects the variation
in the elastic modulus E of the crystal in different crystal directions, and the direction dependence of
the elastic modulus can be expressed as [44]:

1/E = S11l4
1 + 2S12(l1l2)

2 + 2S13(l1l3)
2 + 2S14(l2

1 l2l3) + 2S15(l3l3
1) + 2S16(l3

1 l2)
+S22l4

2 + 2S23(l2l3)
2 + 2S24(l3

2 l3) + 2S25(l1l2
2 l3) + 2S26(l1l3

2)

+S33l4
3 + 2S34(l2l3

3) + 2S35(l1l3
3) + 2S36

(
l1l2l2

3
)

+S44(l2l3)
2 + 2S45(l1l2l2

3) + 2S46(l1l3l2
2)

+S55(l1l3)
2 + 2S56(l2l3l2

1)

+S66(l1l2)
2

(11)

where Sij denotes the compliance coefficient, which can be obtained from the inverse matrix of
matrix Cij (i.e., Sij = Cij), and l1, l2 and l3 are three direction cosines concerning the a, b and c
axes, respectively. Considering the crystal symmetries of hexagonal wurtzite and cubic zinc-blende
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crystals, Equation (11) for wurtzite and zinc-blende GaN single crystals can be simplified as
Equations (12) and (13), respectively:

E = 1/
[
(1− l2

3)
2
S11 + l4

3S33 + l2
3(1− l2

3)(2S13 + S44)
]

(12)

E = 1/
[
S11 + 2(S11 − S12 − 0.5S44)(l2

1 l2
2 + l2

2 l2
3 + l2

3 l2
1)
]

(13)

Direction dependences of elastic moduli are displayed in Figure 4. For the wurtzite GaN single
crystal, the curve shape at (001) plane is almost circular. However, at planes containing a [001] axis, the
shape is far from a circle; therefore, wurtzite GaN exhibits an isotropic character at the (001) plane, while
showing obvious anisotropy at planes (100) and (010). Meanwhile, for wurtzite GaN, the maximum
value is located at the [001] axis. Under a high pressure of 40 GPa, the anisotropy of wurtzite GaN
at planes containing the [001] axis increases significantly from 0.65 at zero pressure to 0.58, and the
maximum elastic modulus along the [001] axis increases from 380.13 to 435.67 GPa, as shown in
Figure 4a–c. For zinc-blende GaN, the minimum elastic modulus is along the three axes (i.e., <100>
directions) and the value is 174.96 GPa at zero pressure. However, this decreases to 145.71 GPa under a
40 GPa pressure. The maximum elastic moduli are located at directions {111}, and the values are 392.7
and 444.7 GPa at zero and 40 GPa pressures, respectively. Meanwhile, the anisotropies at planes {100}
and {110} increase from 2.56 and 1.91 to 3.38 and 2.18, respectively, with the pressure changes from 0 to
40 GPa.

Furthermore, the shear moduli of wurtzite and zinc-blende GaN single crystals can be calculated
by Equation (14) [63] and Equations (15)–(17), respectively:

1
G

= S55 +

(
S11 − S12 −

S44

2

)(
1− l2

3

)
+ 2(S11 + S33 − 2S13 − S44)

(
1− l2

3

)
l2
3 (14)

1
G

= (S44 + 4S0 J) (15)

S0 = S11 − S12 −
1
2

S44 (16)

J = sin2 θ · cos2 θ + 0.125 · sin4 θ(1− cos 4φ) (17)

where θ and ϕ are the two Euler angles in direction cosines.
Figure 5 shows the calculated direction dependences of shear moduli. For wurtzite GaN, the curve

shape at the (001) plane is a circle at both 0 and 40 GPa, while it is clearly not at the planes containing c
or [001] axis. Accordingly, the shear deformation of wurtzite GaN may be isotropic at the (001) crystal
plane and the values are 97.03 and 87.06 GPa under pressures 0 and 40 GPa, respectively. However,
at planes containing the [001] axis, anisotropic characteristics are observed, and the maximum and
minimum values are 124.23 and 97.03 GPa at zero pressure, respectively, while they decrease to 114.72
and 87.06 GPa, respectively, at a pressure of 40 GPa. For zinc-blende GaN single crystal, it was revealed
that shear moduli along directions [100], [010] and [001] are maximal and the value is 167.21 GPa, while
the minimum value is located at crystal orientation family <111> and the value is 81.18 GPa, as shown
in Figure 5d. Additionally, for zinc-blende GaN, obvious anisotropic characteristics were observed.
At zero pressure, the maximum and minimum values of shear moduli at planes {100} are 167.22 and
93.16 GPa, respectively, while they are 171.96 and 78.51 GPa, respectively, at apressure of 40GPa, see
Figure 5d–f. Compared to the directional dependence of elastic modulus, the shear modulus has an
inverse trend. For examples, although the elastic modulus at orientation [100] is maximal, the shear
modulus at [100] is minimal. Therefore, both elastic and shear moduli of the two GaN single crystals
exhibit obvious anisotropy characteristics. Nevertheless, our results show that the bulk moduli of the
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two GaN single crystals are almost isotropic. Bulk moduli of wurtzite and zinc-blende GaN single
crystals can be expressed as Equations (18) and (19), respectively:

1
B
= (S11 + S12 + S13)− (S11 + S12 − S13 − S33)l2

3 (18)

1
B
= (S11 + 2S12)

(
l2
1 + l2

2 + l2
3

)
(19)

The maximum bulk modulus of wurtzite GaN is at crystal directions vertical to orientation [001],
and the value is 603.32 GPa at zero pressure. Meanwhile, the minimum value is 576.87 GPa and
it is located in the [100] direction, see Figure 6a. In addition, as the applied pressure increased to
40 GPa, the maximum value and minimum value of bulk moduli increased to 1111.98 and 1044.08 GPa,
respectively, as exhibited in Figure 6b. Clearly, the anisotropy of bulk modulus is quite slight for
wurtzite GaN, and the influence of pressure on its anisotropy is weak. For zinc-blende GaN, the bulk
modulus is totally isotropic and its value is 602.92 GPa at zero pressure, see Figure 6c. In spite of this,
the value will rise with increasing pressure, e.g., it is 1075.85 GPa at apressure of 40 GPa (Figure 6d),
there is still no anisotropy for bulk modulus.

Furthermore, for wurtzite GaN single crystal, Poisson’s ratios at crystallographic planes containing
[001] axis, v(θ), can be calculated with Equation (20) [64], and Poisson’s ratios of zinc-blende GaN at
the plane (hkl) can be expressed with Equation (21) [65]:

v(θ) =
s12 sin2 θ + s13 cos2 θ

s11 sin4 θ + s33 cos4 θ + (s44 + 2s13) sin2 θ cos2 θ
(20)

ν(hkl, θ) =
{

S12 +
S0

h2+k2+l2

[(
h2l√

h2+k2
√

h2+k2+l2 cos θ − hk√
h2+k2 sin θ

) 2
+(

k2l√
h2+k2

√
h2+k2+l2 × cos θ + hk√

h2+k2 sin θ
)2

+
(

l
√

h2+k2√
h2+k2+l2 cos θ

)2
]}

/
[
−S11 + 2S0

(hk)2+(hl)2+(lk)2

(h2+k2+l2)
2

] (21)

Figure 7a illustrates the Poisson’s ratios of wurtzite GaN at the planes containing the [001] axis, in
which the maximum Poisson’s ratio is 0.31 at zero pressure and the value is in the orientations vertical
to [001] axis. Correspondingly, the minimum value of Poisson’s ratio is 0.19, and the angle between its
orientation and direction [001] is 25.8◦. When the pressure increased to 40 GPa, the maximum and
minimum values were 0.488 and 0.271, respectively, and their locations were the same with those at
zero pressure. In addition, the Poisson’s ratio along the [001] direction of wurtzite GaN were 0.185
and 0.304 at pressures 0 and 40 GPa, respectively. Moreover, Poisson’s ratios of zinc-blende GaN at
crystal planes (100) and (111) are isotropic, see Figure 7b,c; they were 0.355 and 0.174, respectively,
at zero pressure and 0.432 and 0.293, respectively, at apressure of 40 GPa. However, for zinc-blende
GaN, the Poisson’s ratio at crystal plane (110) showed obvious anisotropy, see Figure 7d, where the
maximum values, 0.608 (0 GPa) and 0.872 (40 GPa), were located at the [001] and [001] directions.
In addition, the minimum values were 0.104 (0 GPa) and 0.145 (40 GPa) (actually, −0.104 and −0.145);
these are in the orientations [110] or [110] at zero pressure.
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3.4. Electronic Properties

Band gap is a basic and critical physical parameter that determines the electronic properties of
semiconductor materials. It has been reported that the band gap of wurtzite GaN is 3.5 eV [58] and
3.1 eV for zinc-blende GaN [66]. The influence of pressure on the electronic properties of the two
GaN crystals was evaluated. In this study, a HSE06 scheme [67] was used for the calculation of the
band gap. Results show that, at zero pressure, the calculated band gaps of wurtzite and zinc-blende
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GaN crystals were 3.62 and 3.01 eV, respectively, which are similar to previous experimental values.
Figure 8 displays the calculated band gaps of the two GaN crystals at different hydrostatic pressures.
Clearly, both crystal structure and pressure have obvious influence on the band gap, and the band
gap of wurtzite GaN is much larger at the same pressure. Generally, the band gaps of the two GaN
compounds increased linearly with the increase of hydrostatic pressures; the lines in Figure 8 can be
analysed by the following equation [68]:

Eg(P) = Eg(0) + kP (22)

where Eg(P) is the band gap, Eg(0) is the band gap at zero pressure, k is the pressure coefficient and
k = dEg(P)/dP, and P is the applied hydrostatic pressure.
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Figure 8. Band gaps of two GaN structures at different pressures.

According to our simulation, the k values for wurtzite and zinc-blende GaN crystals were 20.8 and
22.6, respectively. As the pressure rose from 0 to 40 GPa, the band gaps of wurtzite and zinc-blende
GaN crystals increased from 3.62 and 3.01 eV to 4.41 and 3.91 eV, respectively. The band structures at
0 and 40 GPa are exhibited in Figure 9. It was revealed that the upper limit of valence band and the
lower limit of conduction band are located at G point, and they are direct gap semiconductor materials.
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To further understand the pressure effect on the band structure, the density of states (DOSs) of
GaN crystals were also analysed in this study. Figure 10 reveals DOSs near band gaps. Clearly, the two
GaN crystals show similar atomic bonding and hybridization behaviour between Ga and N atoms.
In the energy band between−10 and 0 eV, p orbits of N (N-p) contribute greatly to the DOSs. However,
for the energy band in the conduction band near the band gap, e.g., the energies between 1.66 to 20 eV
in the wurtzite GaN, the hybridization between N-p and Ga-s/Ga-p induced the formation of DOSs.
Moreover, as the pressure rose from 0 to 40 GPa, DOSs above 0 eV moved towards the right side,
as shown in Figure 10. For example, under zero pressure, peaks A, B and C of DOSs for wurtzite
and zinc-blende GaN were located at 6.65 and 6.25 eV, respectively, while their locations were 7.36
and 7.28 eV, respectively, at 40 GPa. Consequently, band gaps of GaN crystals increased with the
increasing pressure.

Crystals 2018, 8, x FOR PEER REVIEW  12 of 16 

 

To further understand the pressure effect on the band structure, the density of states (DOSs) of 
GaN crystals were also analysed in this study. Figure 10 reveals DOSs near band gaps. Clearly, the 
two GaN crystals show similar atomic bonding and hybridization behaviour between Ga and N 
atoms. In the energy band between −10 and 0 eV, p orbits of N (N-p) contribute greatly to the DOSs. 
However, for the energy band in the conduction band near the band gap, e.g., the energies between 
1.66 to 20 eV in the wurtzite GaN, the hybridization between N-p and Ga-s/Ga-p induced the 
formation of DOSs. Moreover, as the pressure rose from 0 to 40 GPa, DOSs above 0 eV moved 
towards the right side, as shown in Figure 10. For example, under zero pressure, peaks A, B and C of 
DOSs for wurtzite and zinc-blende GaN were located at 6.65 and 6.25 eV, respectively, while their 
locations were 7.36 and 7.28 eV, respectively, at 40 GPa. Consequently, band gaps of GaN crystals 
increased with the increasing pressure. 

 
Figure 10. Pressures versus density of states (DOSs) for: (a1) wurtzite GaN, 0 GPa; (a2) wurtzite GaN, 
40 GPa; (b1) zinc-blende GaN, 0 GPa, (b2) zinc-blende GaN, 40 GPa. 

4. Conclusions 

The mechanical and electronic properties of two GaN crystals under different hydrostatic 
pressures were investigated through first-principles calculation, and the following conclusions were 
drawn: 

(1) The lattice constants and elastic constants of wurtzite and zinc-blende GaN crystals calculated 
by both GGA and LDA match well with the experimental values. The structures of the two GaN 
crystals are stable under the pressure up to 40 GPa. 

(2) Bulk moduli increase while shear moduli decrease with the increase in pressure, resulting in 
the significant increase of the ratios of bulk moduli to shear moduli for the two GaN crystals. 
The two GaN crystals are brittle materials at zero pressure, while they exhibit ductile 
behaviours under high stresses. 

(3) Increase in pressure raises the elastic anisotropy of GaN single crystals, and the anisotropy 
factors of the two GaN crystals are quite different. Wurtzite GaN exhibits an isotropic character 
of elastic modules at the (001) plane, while showing obvious anisotropy at planes (100) and 
(010). The maximum value is located at the [001] axis. Zinc-blende GaN shows the anisotropic 

Figure 10. Pressures versus density of states (DOSs) for: (a1) wurtzite GaN, 0 GPa; (a2) wurtzite GaN,
40 GPa; (b1) zinc-blende GaN, 0 GPa, (b2) zinc-blende GaN, 40 GPa.

4. Conclusions

The mechanical and electronic properties of two GaN crystals under different hydrostatic
pressures were investigated through first-principles calculation, and the following conclusions were
drawn:

(1) The lattice constants and elastic constants of wurtzite and zinc-blende GaN crystals calculated by
both GGA and LDA match well with the experimental values. The structures of the two GaN
crystals are stable under the pressure up to 40 GPa.

(2) Bulk moduli increase while shear moduli decrease with the increase in pressure, resulting in
the significant increase of the ratios of bulk moduli to shear moduli for the two GaN crystals.
The two GaN crystals are brittle materials at zero pressure, while they exhibit ductile behaviours
under high stresses.

(3) Increase in pressure raises the elastic anisotropy of GaN single crystals, and the anisotropy factors
of the two GaN crystals are quite different. Wurtzite GaN exhibits an isotropic character of
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elastic modules at the (001) plane, while showing obvious anisotropy at planes (100) and (010).
The maximum value is located at the [001] axis. Zinc-blende GaN shows the anisotropic elastic
modulus in all planes, and the minimum and maximum values are in the directions <100> and
<111>, respectively.

(4) Compared to the obvious directional dependences of elastic moduli at different pressures,
the shear modulus has an inverse trend for the two GaN single crystals. There is hardly any
anisotropy for bulk modulus, especially for that of zinc-blende GaN.

(5) The two GaN crystals show similar atomic bonding and hybridization behaviour between Ga
and N atoms. The band gaps of GaN crystals increase with increasing pressure, and zinc-blende
GaN has a larger pressure coefficient.
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